The singular parts of the self-adjoint operators T and H = T+V are mutually singular for "almost every" bounded perturbation V .
Theorem 1. If V = c(-, cp)cp is of rank one, and cp is T-cyclic, then the singular parts of T and H are supported on disjoint sets.
We shall generalize this result by proving that the singular parts of T and H = T+V are mutually singular for "almost every" bounded perturbation V . This theorem, which follows easily by the methods of Simon-Wolff [5] and the author [2] , illustrates an essential instability of the singular spectrum.
Let T be self-adjoint, cpn an arbitrary complete orthonormal set, cn > 0 an arbitrary bounded sequence of positive numbers, and Xn(co) a sequence of independent random variables, uniformly distributed on [-1, 1] . Define Proof. We sketch the proof, which follows [2] . Let N be a set of Lebesgue measure zero which supports the singular part of T. Define the multiplication operator Hu(co) = H(co)u(co) on L2(iî, P;ßT). ü
Lemma. H is spectrally absolutely continuous. (2) One can take c tending very rapidly to zero, or not tending to zero at all, so that V(co) is a very general sort of diagonal operator. This is rather satisfactory if one recalls that, by the Weyl-von Neumann Theorem [3, p. 523], every bounded self-adjoint operator differs from such an operator by an operator of arbitrarily small Hilbert-Schmidt norm.
